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x, y ∈ M ⇒ x ∗ y ∈ M N M sluten = �&' 4O3 ∗ M�QPRM
(x ∗ y) ∗ z = x ∗ (y ∗ z), ∀x, y, z ∈ M N ∗ associativ
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x ∗ y = y ∗ x, ∀x, y ∈ M N ∗ kommutativ
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∃e ∈ M .?n ' * � >�*G>?> e ∗ x = x ∗ e = x, ∀x ∈ M N e enhet = ��' 4F3 ∗ M
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x ∗ y = y ∗ x, ∀x, y ∈ M N ∗ kommutativ
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∀x ∈ M ∃x−1 ∈ M .?n ' * � >�*G>K> x ∗ x−1 = x−1 ∗ x = e N invers = �&' 4F3 ∗ M
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x ∗ y = y ∗ x, ∀x, y ∈ M N ∗ kommutativ
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x ∗ (y + z) = (x ∗ y) + (x ∗ z), ∀x, y, z ∈ M N ∗ distributiv

(x + y) ∗ z = (x ∗ z) + (y ∗ z), ∀x, y, z ∈ M
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x ∗ y = y ∗ x, ∀x, y ∈ M N ∗ kommutativ
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x, y ∈ M ⇒ 4 �g; h S 4 �&' *$.�>�4 � N24 �&�DM *�Uq3K4F,-*G> CH;(� 4F3 � * � 4 ' * �g%b" ,-,H4F3O�
x < y, x = y, y < x���$M
x < y, y < z ⇒ x < z N < transitiv

M
N y < x

B 4O>?4Fh@) � *$. ; h@)�.?n x > y j x ≤ y
B 4O>�� ' 4O3 x < y 4O,-,-4O3 x = y

; h S x ≥ y
B 4d>�� ' 4F3 x > y

4F,H,-4F3 x = y j M
���S *$,HU % 3K= E&E (M, ∗)
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x < y, z ∈ M ⇒ x ∗ z < y ∗ z
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0 < x, 0 < y ⇒ 0 < x ∗ yZ 3 '&� * ' 4�3 C-�&% *$3  4 ' 4d>?>@* 9�; 3 '&� * ' 4 '&C U C . CH;(� .K3 C-��% *$3 ; h SX' 4O3I*$.�) ;( f =�>I*G> C UG*  f; >?.KUG*$3 CH%(S 4d>I4F3' 4OJ �&C 4O3I*$.�* � *G, ;(% >Fj
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� *G>?. P � ���&S 4O>?4 �kC 4 �g #;$�&;(C-'�" 30= �&C )cj� *G>?. m � e−1 = e

C 4 �k% 3?= E&E j� *G>?. t � ��� U(4F3K.?4 � > C ,-,�UG*$3i�K4�4F,H4  4 � > C 4 �g% 3?= E&E!" 30= �&C )cj� 1(,�� ' .I*G>?.F� (x−1)−1 = x /21(3�UG*$3i�K44O,-4  4 � > x
C 4 �g% 3?= E&E j� *G>?. e � a ∗ b = a ∗ c 4F,H,-4F3 b ∗ a = c ∗ a ⇒ b = c

C 4 �k% 3K= E&E j� *G>?. ~ � a−1 = b−1 ⇒ a = b
C 4 �g% 3?= E�E j� *G>?. � � 0 ∗ a = a ∗ 0 = 0

C 4 � 3 C-��% j� *G>?. � � (−e) ∗ a = a ∗ (−e) = −a
C 4 � 3 CH�&%| 4 ' 4O>?>I*�j� 1(,�� ' .I*G>?.F� (−e) ∗ (−e) = e

C 4 � 3 C-�&%W 4 ' 4O>K>@*�j� *G>?. � � 0 < a ⇒ −a < 0
C 4 �k; 3 '&� * ' ) ;( # =�>@*G> C U % 3?= E�E j� *G>?. � � 0 < e

C 4 �g; 3 '&� * 'k'�C U C . C-;(� .K3 CH�&% j� 1(,�� ' .I*G>?.F� e < e + e
C 4 �k; 3 '&� * 'g'&C U C . CH;(� .?3 C-�&% j� *G>?. PRL � 0 < a ⇒ 0 < a−1
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